We study conditions for the existence of stable, strategy-proof mechanisms in a many-to-one matching model with discrete salary space (the discrete Kelso-Crawford model). Workers and firms want to match many-toone and agree on the terms of their match. Firms demand different sets of workers at different salaries. Workers have preferences over different firm-salary combinations. Workers' preferences are monotone in salaries. We show that for this model, a descending auction mechanism is the only candidate for a stable mechanism that is strategy-proof for workers. Moreover, we identify a maximal domain of demand functions for firms, such that the mechanism is stable and strategy-proof.
